I prove forcing preservation theorems for products of definable partial orders preserving cofinality of the meager or null ideal. Rectangular Ramsey theorems for the related ideals follow from the proofs.
Introduction
The following fact is the archetype of a rectangular Ramsey theorem. Many variations on it have been proved, for higher dimensions as well as with other demands on the size of the sides of the monochromatic rectangle. In this paper I wilt present a theorem which yields many generalizations of the above fact, connects the rectangular Ramsey theory with the theory of proper forcing and determinacy, and isolates possible new open questions.
In order to facilitate the statement of the theorem and the surrounding discussion, it is convenient to introduce the following notation. Here LC denotes the use of a suitable large cardinal axiom. The connection of this axiom with the notion of definability in the statement of the theorem will be explained at the end of this introduction.
The rectangular Ramsey property falls out from the argument as a consequence of the computation of the ideal associated with the product. A variation of the proof gives another preservation theorem. Consider the following property of partial orders:
